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ARIJMOI

Parathr seic

1. Diab�ste prosektik� ta jèmata prin arqÐsete na apant�te. Oi apant seic prèpei na
eÐnai safeÐc, sÔntomec kai aitiologhmènec.

2. Gr�yte se diaforetik  selÐda thn ap�nthsh k�je jèmatoc. Sunist�tai na gr�fete tic
apant seic mìno sth dexi� selÐda, kai na qrhsimopoieÐte thn arister  gia prìqeirouc
upologismoÔc (  to antÐjeto an eÐste aristerìqeirec).

3. Prèpei na paradìsete ìlec tic kìllec pou qrhsimopoi sate.

4. H exètash diarkeÐ 2 ¸rec. APAGOREUETAI H EXODOS APO THN AIJOUSA,
par� mìno met� apì �deia tou did�skontoc (ìqi tou epithrht ). Thn pr¸th ¸ra thc
exètashc apagoreÔetai h èxodoc   h apoq¸rhsh apì thn exètash.

5. APAGOREUETAI TO KAPNISMA mèsa stic aÐjousec thc exètashc.

6. Oi bajmoÐ dÐdontai se parènjesh. O mègistoc bajmìc eÐnai 80.

JEMA 1. (20)
1. DÐdontai ta shmeÐa P, Q, R, kai dianÔsmata ~x =

−→
PQ, ~y =

−→
QR, tètoia ¸ste

(~x + ~y) · ~x = 0 kai |~x| = |~y|/2. E�n ~p =
−→
OP eÐnai to di�nusma jèshc tou shmeÐou P ,

ekfr�ste sunart sei twn ~p, ~x, ~y, ta dianÔsmata jèshc twn shmeÐwn Q, R, kai tou shmeÐou
S me aplì lìgo

(PRS) =
(
−→
PS)

(
−→
SR)

=
1

2
.

2. Perigr�yte gewmetrik� ta parak�tw sÔnola sto migadikì epÐpedo:

aþ. B1 = {z : |3z − 6 + 2i| = |2z − 4|}
bþ. B2 = {z : 2|z + i| > |2z − 4|}
gþ. B3 = {z : z6 = 16i}.



JEMA 2. (20)
DÐdetai h eujeÐa δ tou E3, h opoÐa eÐnai h tom  twn epipèdwn Π1 kai Π2 me exis¸seic

Π1 : x + y + 2z − 4 = 0
Π2 : −2x + y − z + 5 = 0.

E�n gnwrÐzete oti to shmeÐo (2, 0, 1) brÐsketai sthn eujeÐa δ, breÐte

aþ. Thn parametrik  èkfrash thc eujeÐac δ.

bþ. Thn apìstash thc δ apì thn eujeÐa

ε = {(1 + 2t, 2 + t, 2− t) : t ∈ R} .

JEMA 3. (20)
1. DeÐxte oti e�n h eujeÐa me exÐswsh y = rx + s ef�ptetai sthn èlleiyh me exÐswsh

x2

a2
+

y2

b2
= 1 ,

tìte
s = ±

√
a2r2 + b2 .

2. BreÐte tic efaptìmenec sthn èlleiyh 2x2 + y2 = 6, oi opoÐec eÐnai k�jetec sthn efap-
tomènh thc èlleiyhc sto shmeÐo (

√
2,
√

2).

JEMA 4. (20)
BreÐte thn exÐswsh tou gewmetrikoÔ tìpou twn shmeÐwn sto q¸ro twn opoÐwn to �jroisma
twn apost�sewn apì to shmeÐo A : (0, a, 0) kai A′ : (0, 2a, 0) eÐnai stajerì kai Ðso me
d > |a|. TÐ eÐdouc epif�neia eÐnai autìc o gewmetrikìc tìpoc? Pìsa epÐpeda summetrÐac
aut c thc epif�neiac mporeÐte na breÐte?


