
ALGEBRA I-METAPTUQIAKO, QEIMERINO EXAM. 2006-07
ASKHSEIS #10

ShmeÐwsh: Sta parak�tw oi daktÔlioi eÐnai antimetajetikoÐ me monadiaÐo stoiqeÐo,

ektìc an �llwc anafèretai.

* Prìblhma 1. Estw R ènac daktÔlioc diakrit c ektÐmhshc (DVR) me s¸-
ma klasm�twn K. Estw mR to (monadikì) mègisto ide¸dec tou R.
a) DeÐxte ìti an x ∈ K kai x /∈ R tìte x−1 ∈ mR.
b) Estw S ènac daktÔlioc diakrit c ektÐmhshc (DVR) me thn idiìthta R ⊆ S ⊆ K
(ìpou ⊆ shmaÐnei upodaktÔlioc). Upojètoume ìti to mègisto ide¸dec mS tou S
perièqei to mR. DeÐxte ìti S = R. (ShmeÐwsh: Parathr ste ìti to K eÐnai, epÐshc,
to s¸ma klasm�twn tou S).

* Prìblhma 2. a) JewroÔme to pr¸to ide¸dec P = (x2 + 1) tou dak-
tulÐou Z [x]. DeÐxte ìti o daktÔlioc Z [x]P eÐnai daktÔlioc diakrit c ektimhshc
(D.V.R.).
b) JewroÔme to pr¸to ide¸dec P = (x, 2) tou daktulÐou Z [x]. DeÐxte ìti o daktÔlioc
Z [x]P den eÐnai daktÔlioc diakrit c ektimhshc.

* Prìblhma 3. DeÐxte ìti k�je P.K.I eÐnai daktÔlioc toÔ Dedekind.
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