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¢óêçóç 1. Âñåßôå ôá ðáñáêÜôù üñéá, áí õðÜñ÷ïõí:

á) lim(x;y)→(0;0)
exy
x+1 .

â) lim(x;y)→(0;0)
cosx−1−x2=2

x4+y4 .

ã) lim(x;y)→(0;0)
x5

x4+y4 .

¢óêçóç 2.Äåßîôå üôé ç óõíÜñôçóç f(x; y) = yex+sinx+(xy)4 åßíáé óõíå÷Þò.

Áóêçóç 3. Eóôù f(x; y) = x2−y2

x2+y2 , üðïõ (x; y) 6= (0; 0). Ìðïñïýìå íá ïñßóïõìå

ôçí óõíÜñôçóç f(x; y) óôï óçìåßï (0; 0) þóôå íá ãßíåé óõíå÷Þò óõíÜñôçóç óôï

(0; 0)?

Áóêçóç 4. Eóôù f(x; y) = sin(x+y)
x+y , üðïõ (x; y) 6= (0; 0). Ìðïñïýìå íá

ïñßóïõìå ôçí óõíÜñôçóç f(x; y) óôï óçìåßï (0; 0) þóôå íá ãßíåé óõíå÷Þò

óõíÜñôçóç óôï (0; 0)?

Áóêçóç 5. Ãéá ôéò ðáñáêÜôù óõíáñôÞóåéò âñåßôå ôéò ìåñéêÝò ðáñáãþãïõò
@f

@x ;
@f

@y . Õðïëïãßóôå ôçí ìåñéêÞ ðáñÜãùãï @f

@x óôï óçìåßï (1; 2).

á) f(x; y) = xe1+x2y.

â) f(x; y) = cos(xy2).
ã) f(x; y) = 1

cos2 x+e−y .

ä) f(x; y) = cos
√

x2 + 2y4.

å) f(x; y) = log
√

1 + xy.
óô) f(x; y) = x=y.
æ) f(x; y) = x

x2+y2 .

ç) f(x; y) = tan(�x + 2�y).
è) f(x; y) = x+y

xy+1 .

Áóêçóç 6. Bñåßôå ôçí åîéóùóç ôïý åöáðôüìåíïõ åðéðÝäïõ óôá ãñáöÞìáôá

ôùí ðáñáêÜôù óõíáñôÞóåùí óôá äïóìÝíá óçìåßá:

á) z = (x2 + y3) óôï óçìåßï (3; 1; 10).
â) z = xy óôï óçìåßï (−1;−1; 1).

Áóêçóç 7. Âñåßôå ôá óçìåßá ôïý ãñáöÞìáôïò ôÞò óõíÜñôçóçò z = x2− 5x+
y2 − 7 óôá ïðïßá ôï åöáðôüìåíï åðßðåäï åßíáé ðáñÜëëçëï ìå ôï xy-åðßðåäï.

Áóêçóç 8. Åóôù f(x; y) ç óõíÜñôçóç ðïõ ïñßæåôáé ùò

f(x; y) =

{
x2y

x3+y3 ; ãéá (x; y) 6= (0; 0)
0 ; ãéá (x; y) = (0; 0)

á) Äåßîôå üôé ç f(x; y) äåí åßíáé óõíå÷Þò óôï óçìåßï (0; 0).
â) Äåßîôå üôé ïé ìåñéêÝò ðáñÜãùãïé @f

@x ,
@f

@y õðÜñ÷ïõí óôï óçìåßï (0; 0).



ã) Åßíáé ç óõíÜñôçóç @f

@x óõíå÷Þò óôï óçìåßï (0; 0)?

Óçìåßùóç: Ïé áóêÞóåéò 5, 6, 7 êáé 8 áöïñïýí ôçí ýëç ðïõ èá äéäá÷èåß óôï

ìÜèçìá ôÞò Ôñßôçò 9 Ìáñôßïõ.


