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Prìblhma 1. BreÐte to antÐstrofo k�je stoiqeÐou sto s¸ma Z11.

Prìblhma 2. BreÐte ta antistrèyima stoiqeÐa ston dantÔlio Z10 kai gr�yte
ta antÐstrof� touc.

Prìblhma 3. 'Estw K èna s¸ma. DeÐxte ìti o daktÔlioc K[x] perièqei
�peiro pl joc anag¸gwn poluwnÔmwn.

Prìblhma 4. a) BreÐte ìla ta an�gwga polu¸numa bajmoÔ 2 ston dak-
tÔlio Z2[x].
b) DeÐxte ìti to polu¸numo x5 + x2 + 1 ∈ Z2[x] eÐnai an�gwgo.

Prìblhma 5. a) DeÐxte ìti to
√

5 ∈ R eÐnai algebrikì |Q kai breÐte to
el�qisto polu¸numì tou Irr(

√
5, Q).

b) DeÐxte ìti to −1 +
√

5 ∈ R eÐnai algebrikì |Q kai breÐte to el�qisto polu¸numì
tou Irr(−1 +

√
5, Q).

Prìblhma 6. 'Estw F ≤ K ≤ L kai a ∈ L.
a) DeÐxte ìti an a eÐnai algebrikì |F tìte eÐnai kai algebrikì |K.
b) Poi� eÐnai h sqèsh toÔ Irr(a, F ) me to Irr(a, K)?

Prìblhma 7. a) 'Estw p pr¸toc kai èstw f(x) = a0 + a1x + · · · + anxn ∈ Z[x]
me p - an. OrÐzoume wc f(x) = ā0 + ā1x + · · ·+ ānxn ∈ Zp[x]. DeÐxte ìti an to f(x)
eÐnai an�gwgo sto Zp[x] tìte to f(x) eÐnai an�gwgo sto Z[x].
b) DeÐxte ìti ta parak�tw polu¸numa toÔ Z[x] eÐnai an�gwga:
x3 + 2x + 1
x5 + x− 1.
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