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ASKHSEIS #6

Prìblhma 1. 'Estw K ≤ F epèktash swm�twn me [F : K] = 2. DeÐxte ìti h
epèktash eÐnai kanonik .

Prìblhma 2. 'Estw f(x) ∈ Q[x] polu¸numo perittoÔ bajmoÔ ≥ 3 to opoÐo
èqei akrib¸c mÐa pragmatik  rÐza a ∈ Q. DeÐxte ìti h epèktash Q ≤ Q(a) den eÐnai
kanonik .

Prìblhma 3. 'Estw K ≤ M ≤ E epekt�seic swm�twn me K ≤ E diqwrÐsimh.
DeÐxte ìti oi epekt�seic K ≤M kai M ≤ E eÐnai diaqwrÐsimec.

Prìblhma 4. 'Estw a ∈ R me a4 = 5. DeÐxte ìti:
a) To Q(ia2) eÐnai kanonik  epèktash toÔ Q.
b) To Q(a + ia) eÐnai kanonik  epèktash toÔ Q(ia2).
g) To Q(a + ia) den eÐnai kanonik  epèktash toÔ Q.

Prìblhma 5. DeÐxte ìti h epèktash Q ≤ Q(
√

2,
√

3) eÐnai kanonik  epèk-
tash.

Prìblhma 6. a) 'Estw K ≤ E epèktash swm�twn. DeÐxte ìti ta K kai
E èqoun thn Ðdia qarakthristik .
b) 'Estw Zp ≤ E epèktash swm�twn kai a ∈ E. DeÐxte ìti (x− a)p = xp − ap.
g) DeÐxte ìti an a /∈ Zp(ap) tìte h epèktash Zp(ap) ≤ E den eÐnai diaqwrÐsimh.
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