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Kef�laio 1. SÔnola.

OrologÐa kai sumbolismìc, uposÔnola, pwc qrhsimopoioÔme prot�seic thc morf c (I)⇒(II) se mia apìdeixh,
pwc apodeiknÔoume prot�seic thc morf c (I)⇒(II), isìthta sunìlwn, pìte den isqÔei mia prìtash thc morf c
(I)⇒(II), pìte den isqÔei mia prìtash thc morf c (∀x)(I), to kenì sÔnolo, en¸seic kai tomèc, sumpl rwma,
kanìnec De Morgan.

Kef�laio 2. Sqèseic.

Kartesian� ginìmena, paradeÐgmata sqèsewn sto S = R, anaklastikèc, summetrikèc, kai metabatikèc sqèseic
sto S, sqèseic isodunamÐac sto S. An S eÐnai tuqaÐa sÔnolo, kai ∼ tuqaÐa sqèsh isodunamÐac sto S, orÐsame
thn antÐstoiqh kl�sh (isodunamÐac) x me antiprìswpo to x ∈ S. ApodeÐxame tic parak�tw shmantikèc idiìthtec
twn kl�sewn: 'Oti duì stoiqeÐa eÐnai isodÔnama akrib¸c ìtan isoÔntai oi kl�seic touc, kai ìti ta stoiqeÐa miac
kl�shc eÐnai akrib¸c oi antiprìswpoÐ thc. Arijmhtik  modn, me èmfash sta n = 3, 9, 10, 100.

Kef�laio 3. Sunart seic.

Ti shmaÐnei h fr�sh {h f eÐnai sun�rthsh apì to A sto B}, paradeÐgmata kai antiparadeÐgmata. Ti shmaÐnoun oi
fr�seic {h sun�rthsh f eÐnai epÐ}, kai {h sun�rthsh f eÐnai èna-proc-èna}. ParadeÐgmata kai antiparadeÐgmata
me �peira kai peperasmèna sÔnola. H antÐstrofh sun�rthsh g = f−1 thc f , giatÐ aut  up�rqei akrib¸c ìtan
h f eÐnai epÐ kai èna-proc-èna, kai giatÐ tìte f = g−1. SÔnjesh sunart sewn, tautotikèc sunart seic, kai oi
sqèseic touc me antÐstrofec sunart seic. H eikìna enìc uposunìlou tou pedÐou orismoÔ kai h antÐstrofh
eikìna enìc uposunìlou tou pedÐou tim¸n.

Kef�laio 4. Majhmatik  Logik .

H logik  tim  miac prìtashc P, pÐnakec alhjeÐac gia tic {ìqi P}, {P   Q}, {P kai Q}, {P ⇒ Q}, {P ⇔ Q}.
Upologismìc pio sÔnjetwn pin�kwn alhjeÐac kai h sqèsh touc me isodÔnamec ekfr�seic. TautologÐec kai h
sqèsh touc me {mejìdouc apìdeixhc}.

Kef�laia 5 kai 6. ApodeÐxeic, Epagwg , Diairetìthta.

H diaisjhtik  idèa pÐsw apì th majhmatik  epagwg , h epagwgik  idiìthta twn fusik¸n arijm¸n, h sun jhc
majhmatik  epagwg  kai h pl rhc majhmatik  epagwg . Pr¸toi arijmoÐ, to kìskino tou Eratosjènh, diatÔpw-
sh tou Jemeli¸douc Jewr matoc thc Arijmhtik c (JJA), efarmogèc tou JJA, diatÔpwsh tou L mmatoc tou
EukleÐdh, apìdeixh tou JJA, o EukleÐdeioc Algìrijmoc, sqetik� pr¸toi arijmoÐ, apìdeixh tou L mmatoc tou
EukleÐdh.

Kef�laio 7. Sunduastik .

O kanìnac tou ajroÐsmatoc, h perÐptwsh pou up�rqoun koin� stoiqeÐa, o kanìnac tou ginomènou, diat�xeic me
epan�lhyh, diat�xeic qwrÐc epan�lhyh, sunduasmoÐ qwrÐc epan�lhyh, sunduasmoÐ me epan�lhyh.

Kef�laio 8. To �peiro.

Ta endiafèronta fainìmena pou anak�luye o Cantor gia to �peiro, sumperilambanomènhc kai thc diag¸niac
mejìdou tou Cantor, parousiasmèna me th diasjhtik  morf  tou XenodoqeÐou tou Hilbert. H majhmatik 
diatÔpwsh twn parap�nw: Plhj�rijmoi, anisìthtec kai isìthtec metaxÔ plhjarÐjmwn, kai h sqèsh me èna-proc-
èna kai epÐ sunart seic. O plhj�rijmoc ℵ0, arijm sima, peperasmèna, kai uperarijm sima sÔnola, en¸seic kai
ginìmena arijm simwn sunìlwn, ta sÔnola twn akeraÐwn kai twn rht¸n eÐnai arijm sima en¸ to sÔnolo twn
pragmatik¸n eÐnai uperarijm simo.


