EPTOAIKH OEQPIA (Metantuytaxo)

20 PuANABLO Aoxroewv-Xewpepvo EEdunvo 2017
IMopoaxahe va pou nopadwoete Tig Aboelg cag tnv Teitn 24 Oxtwfelov.

(1) (1.5 povddec) Eotw f: T — RT petpriown ouvdptnon xow o € R. T n € N opiloupe v
ouvdptnon f™: T — R* pe tomo fM(z) = f(z) + f(x +a) + -+ f(x + (n — 1)a). Acifte
6T oyedov yio xdde z € T yior xdde € > 0 undpyer n € N ¢ote [[nall + || f™ ()| < e, émou
||| n andotaon Tou z and Tov TANcEcTEPO oxépoto.t

(2) (1.5 povéodec) Eotw (X, B, 1, T) duvouxd cbotnua xou A € B oivoho pe p(A) > 0. T

x € X opllouye 0 Glvoro
A, ={neN: Tz € A}

Agitte 6t pu(r € X: d(A,) > 0) > 0.

(3) (1.5 povddec) Eotw
R={neN: {nV2} €[1/4,3/4]}.

Acige 61t RN (mN) # 0y x8de m € N bung 1o obvoro R Bev elvar ohvoho enavagpopdc.?

(4) (1.5 povéodec) Eotw (X, B, 1, T) duvouwnd cvotnua xan f: X — C petpriown cuvdptnon
0o te lim, o f(T"x) = 0 oyedov yio xdle x € X. Ti unopeite vo cuunepdvete yioo v f;

(5) (1.5 povédec) Eotw R oUvolo axepaiwy to onoio teptéyel 0600NnoTe Yeydhes aptiuntixée
Tp0oHB0LC oL EEXVOLY amd To UNdEY (Snhadn yio xdie k € N undpyern € N doten,2n, ..., kn €
N). Aci€te 61 10 R elvar 6Ovolo enavopopdc.

(6) (1.5 povddec) Eotw aq, ..., ar € (*°(N). Aci&te bt undpyel oxohoudior Ny — 00, duvouixd
obotnua (X, B, 1, T), xou ouvapthoes fi, ..., fo € L®(un), dote

Ny
1
,}Lrgoﬁk;al(n—i_nl)'”ae(n—i_w):/Tnlfl'”Tmfédﬂ

Yot OAL T N, ...,y € N

(7) (1.5 povddec) ‘Eotww (X, B, 1, T) duvouxd cbotnua xou A € B ue p(A) > 0. Acei&te ot
T0 cUvolo

R={reN: u(ANT"A) >0}
el pporypéva xevd, dnhad, urdpyet k € N dote RN{i,i+1,...,i+k} # 0 yio xdde ¢ € N.

L@ewphiote xatddhhnho duvouind chotnua otov T2.

2Mrnopeite va ypnowonotfoete 6T Yl a dppnto to olvoro {{na}: n € N} eivor tuxvé oo [0, 1].

3Treviupllw, 10 R elvor odvolo emavagopds ov yio xde duvopxd cbotnue (X, B, u, T) xou A € B ue
w(A) >0 undpyer r € R, r # 0, dote p(ANT"A) > 0.



